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Unsteady, viscous, incompressible flows over an airfoil under flapping motion are numerically investigated.

Depending on key parameters such as Reynolds number, reduced frequency, and flapping amplitudes, a flapping

airfoil could experience complex flow fields. The trailing-edge vortex plays an important role to induce inverse

Kármán-vortex street which is a jetlike flow on the downstream and then generates thrust. And, the leading-edge

separation vortex is closely related on the propulsive efficiency. Through careful computations of several pitching,

plunging, andplunging combinedwith pitchingmodes in terms offlowand/or geometry parameters, the key physical

flow phenomenon dictating the aerodynamic characteristics of flapping airfoil is identified. Based on the analysis of

thrust coefficient and propulsive efficiency a new airfoil shape for optimal aerodynamic performance is proposed.

The improved performance of the new flapping airfoil is validated in terms of thrust coefficient and propulsive

efficiency in various low-Reynolds number flow regimes.

Nomenclature

Cd = drag coefficient
Cl = lift coefficient
Cm = moment coefficient
Ct = thrust coefficient, �Cd

c = chord length
f = frequency, Hz
h = plunging amplitude in terms of c
hte = plunging amplitude of the trailing edge in terms of c
k = reduced frequency in terms of c, 2�fc=U1
Re = Reynolds number, U1c=v1
St = Strouhal number, khte=�
t = time
U1 = freestream velocity
v1 = freestream kinetic viscosity
�e = effective angle of attack
�0 = pitching amplitude
� = propulsive efficiency
� = pseudotime

Introduction

F LAPPING is considered a naturalmeans ofmotion amongmany
creatures such as birds and insects. Recently, it became a very

interesting research topic due to the applicability to the design of a
micro-aerial vehicle or fishlike propulsion system. The force
generation mechanism of flapping motion is based on unsteady flow

physics. It is closely related to complex nonlinear flow physics such
as vortex shedding and dynamic stall and completely different from
the force generation in a conventional aircraft.

From the first explanation on the thrust produced by flapping
airfoil in 1909 by Knoller, several researchers have investigated
this area. And, the crucial mechanism of flapping motion was
uncovered in 1935 by Von Kármán and Burgers. They success-
fully explained that drag or thrust production is based on the pa-
ttern of vortex street [1,2]. As shown in Fig. 1, Kármán-vortex
street on the downstream side of the airfoil produces drag. When
flow condition meets certain criteria, however, an inverse Kármán
vortex is introduced and thrust is generated as shown in Fig. 2.
Inverse Kármán vortex induces a jetlike flow field, and, as a result,
flow gains some momentum and it feeds reaction force back to
the airfoil, which is referred to as thrust. Recently further works on
flapping airfoil have been conducted by various researchers.
Koochesfahani [3] observed the existence of axial flow in the core of
wake vortices through water channel experiments. Anderson et al.
[4] conducted experimental studies through force and power mea-
surements, as well as visualization data, to classify the principal flow
characteristics around and in the wake of the oscillating foil. They
found out the conditions for optimal production of thrust when center
of pitching is 1=3 chord. Jones and Platzer [1,2] and Jones et al. [5]
studied numerically using an unsteady 2-D panel code with a
boundary-layer solver for several motion modes. This potential
theory, however, is not accurate enough to explain large amplitude
motion cases, where massive flow separation and viscous effects are
critical. Isogai et al. [6] adopted a compressible Navier–Stokes
code with an algebraic turbulence model to take into account the
effect of dynamic stall. They concluded that there exist certain
conditions related to the phase angle between pitching and plunging
motion and reduced frequency, which guarantees the maximum
propulsion. Thus, if these conditions are not satisfied, propulsive
efficiency is rapidly degraded by the occurrence of large-scale
leading-edge separation. Tuncer and Platzer [7] demonstrated a
flow visualization using particle tracing and a thin-layer com-
pressible Navier–Stokes code. Based on flow separation charac-
teristics and wake profile, it was concluded that higher propulsive
efficiency is associated with attached flows over the full period of
oscillatory cycle. Ramamurti and Sandberg [8] calculated aero-
dynamic coefficients on unstructured triangular mesh by an unsteady
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incompressible viscous solver. From various numerical results,
it was observed that thrust coefficient attains the maximum value
when pitching leads plunging motion by 120 deg, and the maxi-
mum propulsive efficiency is achieved when phase difference is
90 deg.

If a flapping airfoil is regarded as a propulsion device in low-
Reynolds number regime, thrust coefficient and propulsive
efficiency are generally chosen as major design parameters of
flapping airfoil. The mentioned previous researchers mainly focused
on propulsive efficiency of flapping motion, of which parameters
include phase angle, reduced frequency, and so on. Relatively little
attention to thrust coefficient has been paid. Thus, there are lots of
cases where thrust coefficient is not sufficient even though
propulsive efficiency is high enough. In the present paper,we attempt
to improve thrust coefficient as well as propulsive efficiency by
designing the flapping airfoil shape itself. Firstly, we conduct
numerical experiments at various amplitudes and frequencies using
several baseline airfoils. Based on physical observation gained
through numerical studies, a role of leading-edge vortex and trailing
edge vortex on aerodynamic force enhancement mechanism is
observed especially in plunging combined with pitching motion.
Also, it is shown that dynamic stall (leading-edge vortex) acts as a
thrust enhancement mechanism as well as a lift enhancement
mechanism. Finally, through extensive analyses of flapping airfoil,
we could come up with a new kind of tadpole-shape airfoil which
exhibits enhanced aerodynamic performances.

The present paper is organized as follows. Firstly, numerical
methods and the validation of a baseline unsteady incompressible
Navier–Stokes code are given. After that, physical investigations on
the aerodynamic features of airfoil under pitching, plunging, and
flapping motion (plunging combined with pitching) are introduced.
And at last, we propose a new flapping airfoil by combining thicker

and thinner baseline airfoil, and validate its superior performance in
low-Reynolds number flows.

Numerical Methods

The flow field is described by the two-dimensional unsteady
incompressible Navie–-Stokes equations of the following form.

D~v

Dt
� ~va � r~v�rp�r � � (1a)

D~v

Dt
� @~v

@t
� ~w � r~v (1b)

r � ~v� 0 (1c)

where p denotes the pressure and ~va � ~v � ~w is the advection
velocity vector. Here, ~v is flow velocity, ~w is mesh velocity, and � is
the stress tensor. Both pressure and stress tensors are normalized by
density.

Velocity and pressure field are updated iteratively to satisfy
Eq. (1a). To relate pressure field with velocity, the pseudocompres-
sibility form [9] of Eq. (2) is employed.

@p

@�
���r � ~v (2)

And then, upwind-biased Osher’s flux difference splitting is used
for spatial discretization. A third-order linear variable reconstruction
is introduced to attain higher order spatial accuracy. For time
integration, Yoon’s lower upper–symmetric gauss seidal [10] is used
together with dual time stepping method. The final discretized form
of the governing equations is shown in Eq. (3). Here, superscript n is
physical time level, andm denotes pseudotime iteration level. R̂ is the
residual vector, Ŝ is an unsteady sourcelike term, Q is the variable
vector, and J is jacobian. Detailed numerical process including
spatial discretization and time integration can be found in [11,12].
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To examine the effect of turbulence, a baseline shear-stress
transport (SST) [13] and a low-Reynolds number k–! model [14]
are implemented. Boundary conditions used for inflow and out-
flow regions are based on the method of characteristics and
applied explicitly. At inflow, there is one characteristics wave
traveling out of the computational domain and two traveling into the
domain. Thus, velocity components are specified from the freestream
conditions and pressure is extrapolated from interior points.
Similarly, at outflow, pressure is specified and velocity components
are determined by extrapolation. It should be noted that velocity
components are the approximation of Riemann invariants
corresponding to the characteristic waves. On the solid wall,
velocity is the same as airfoil velocity to reflect time-dependent
motion. Pressure on the wall is evaluated from the normal
momentum equation. To reduce CPU time required for unsteady
viscous flow computations, the baseline code is parallelized by MPI
programming method.

Flapping Motion Definition

The flow region of interest is the low-Reynolds number region of
Re�O�103�–O�105� where flapping motion is usually observed.
Generally, flapping motion can be analyzed by dividing into
plunging and pitching motion which can be represented by y�t� and
��t�, respectively.

y�t� � h0 sin�kt� (4a)

��t� � �0 sin�kt� �� (4b)

Fig. 1 Drag-inducing vortex street [2].

Fig. 2 Thrust-inducing vortex street [2].
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Here,h0 denotes plungingmotion amplitude and� is a phase angle
difference between plunging and pitching motion. Airfoil is located
at a body-centered inertial frame of reference that pitches with
respect to quarter-chord point. Figure 3 shows the schematic of
flapping motion. For the calculation of flapping motion, we adopt a
dynamic grid system undergoing rigid body motion because the
inner grid points of computational domain do not experience a
relative motion.

Code Validation

The baseline code has been validated for the laminar flow over the
NACA0012 airfoil under pure pitching motion. Because of the lack
of available measurement and flow visualization data for flapping
airfoil in low-Reynolds number flow conditions, computational
results by Liu and Kawachi [15] based on an incompressible laminar
Navier–Stokes solver using artificial compressibility method are
chosen for code validation. Here, pitching amplitude is 7.75 deg at
Re� 7200, and the Strouhal number is taken to vary from 0.05 to 0.4
with an increment of 0.05. The Strouhal number should be defined
using reduced frequency and wake diameter in wake region.
However, wake diameter cannot bemeasured simply by numerical or
experimental approach. Thus, the Strouhal number is defined using
the maximum trailing-edge displacement hte as in [2,8]. A 299 � 81
C-grid with wall spacing of 5 � 10�4 chord is used, and the outer
boundary is extended to 20 chords. To obtain sufficient periodic
behavior of aerodynamic coefficient, computations are carried out
for 7–9 cycles in accordance with flapping condition. A physical
time is obtained by dividing one cycle into 1000 times in all
computations. The pseudocompressibility parameter � is set to 200
for all computations. Convergence characteristics are sensitive to the
value of�. The present code converged well for the� of 200 through
all numerical tests. At each physical time step, pseudoiterations are
carried out until both the maximum divergence of velocity and the
maximum residual are less than 5 � 10�5 and the maximum
subiterations are limited to be less than 10,000 counts. And then,
aerodynamic coefficients and performance characteristics are
evaluated by averaging time-varied coefficients in the last two
cycles. For example, the time-averaged thrust coefficient is defined
by Eq. (5). Here cd is instantaneous drag coefficient that varies with
time. And tst and tet denote the start and end time of the last two
cycles. And here, the negative value of time-averaged drag
coefficient indicates mean thrust coefficient.

�c t ��
�Z

tet

tst

cd dt

�
=�tet � tst� (5)

Other mean values of aerodynamic coefficients are also obtained
similarly. Figure 4 shows the comparison of mean thrust coefficients
with Liu and Kawachi [15]. It is noted that mean thrust coefficient
shows a quadratic behavior in terms of the Strouhal number. The
effect of turbulence on areodynamic characteristics is also examined.
In this case, pitching amplitude is 2 deg at Re� 1:2 � 104, and
frequency range varies from 0 to 8 by integer number sequence.

Previous works for this flow condition include Koochesfahani’s
experiment [3]. As shown in Fig. 5, comparison between fully
laminar flow and fully turbulent flow by the two-equation k–! SST
model does not yield any noticeable difference. A similar
computational investigation can be seen in [6]. Isogai et al.
conducted numerical studies by the Baldwin–Lomax algebraic
model and fully laminar flow assumption. The additional effect due
to low-Reynolds number flow correction in the k–!model [14] does
not seem to be critical in this case either because computed result also
yields very similar results to other computations (see Fig. 5). Based
on these computations, it is thought that turbulence effect on global
aerodynamic coefficients in this flow regime looks very small unlike
conventional high-Reynolds number flows. And finally, plunging
combined with pitching motion is also simulated. The case of Fig. 7
in [4] is adopted where plunging amplitude is 0:25c, the maximum
angle of attack is 15 deg and phase angle is 90 deg with
Re� 4 � 104. Numerical simulations are carried out at the Strouhal
number of 0.2, 0.4, and 0.6. As shown in Fig. 6, present numerical
results show a very good agreement with experimental results.

Fig. 3 Schematic of airfoil flapping motion.
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Numerical Results and Discussions

Thrust Generation

It was reported that two vortices, i.e., leading- and trailing-edge
vortices, determine major aerodynamic characteristics of flapping
airfoil. As known well, the net thrust force of flapping airfoil is
generated by inverse Kármán vortex and a jetlike flow field on the
downstream side of trailing edge, whereas Kármán-vortex street is
responsible for drag. And large-scale leading-edge vortex is blamed
for the decrease of propulsive efficiency. Thus, it is necessary that the
effect of each vortex on thrust generation is investigated in detail. In

flapping motion with low reduced frequency and high plunging
amplitude, the role of leading-edge vortex in the evolution of inverse
Kármán vortex was experimentally investigated by Anderson et al.
[4]. In the present work, we are more interested in relatively high
reduced frequency cases. For identifying the generation mechanism
clearly, we separate pitching motion from plunging motion.

Pure Pitching Motion

Pure pitching motion with four different reduced frequencies is
simulated at Re� 5000. Pitching amplitude is 20 deg., and reduced
frequencies are 1, 8, 10, and 12. The case of k� 1yields net drag, and
the other three cases for net thrust force.

Figures 7a–7c show the evolution process of inverse Kármán
vortex at high frequency (k� 10). The leading-edge vortex is
produced at the initial stage of pitch-downmotion. The leading-edge
vortex does disappear and cannot reach the trailing edge of airfoil.
That is, it never interferes with the development of trailing edge
vortex which yields inverse Kármán vortex. At the trailing edge, a
clockwise rotating flow begins to form and grow (Fig. 7b), and then,
it becomes bigger and finally sheds into wake region (see Fig. 7c).
During pitch-up motion, a counterclockwise rotating flow develops
at trailing edge in a similar fashion. Eventually, those shedding
vortices comprise inverse Kármán-vortex street and produce a jetlike
flow field. As shown in Fig. 7d, there are two rotating flows around
the lower surface of trailing edge at the initial moment of pitch-down
motion. One is the larger counterclockwise rotating flow and the
other is the smaller clockwise one. At the next stage, the smaller
clockwise rotating flow gradually becomes larger to form inverse
Kármán vortex while the larger counterclockwise rotating flow is
rapidly decayed. Thus, it is expected that the shape of trailing edge
directly influences on a thrust because the inverse Kármán vortex is
originated from airfoil trailing edge in relatively high reduced
frequency. This resembles the formation process of starting vortex
around infinite wing very much.
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Figure 8a shows surface pressure distributions for k� 1, 8, 10,
and 12 at the instant of inverse Kármán vortex formation that
determine the strength of trailing vortex and play a key role in
triggering an inverse vortex pattern. Figure 8b shows pressure
distributions at maximum thrust (slightly after Fig. 8a). For k� 1
(drag generation case), pressure difference between upper and lower
surface is negligible, which means the strength of vortex is very
weak. On the other hand, for k� 8, 10, and 12 (thrust generation
cases), noticeable pressure difference is observed. Larger pressure
difference yields stronger vortex, which leads to higher thrust. This is
shown in Fig. 9. Thus, it is clear that inverse Kármán vortex and a
jetlike flow field depend on the intensity of pressure difference
around the rear part of airfoil, i.e., the strength of trailing-edge vortex.

Figure 10 shows the typical stability characteristic of pure pitching
motion (k� 10). Nose-up motion [positive ��t�] leads to positive
moment coefficient and nose-down motion yields negative value.

Thus, pure pitching motion without additional stability device or
motion mode is considered to be aerodynamically unstable.

Pure Plunging Motion

Similar analysis is carried out for the case of plunging motion.
With the sameC-grid, four cases of reduced frequencies (k� 2, 4, 6,
and 8) are calculated at h� 0:1c and Re� 5000. At k� 2, drag is
generated and thrust is observed for the other three cases. Thrust
coefficients are shown in Fig. 11 in terms of reduced frequency.
Figure 12 shows the typical flow feature of inverse Kármán vortex
formation process at high frequency (k� 6). Similar to the pitching
motion case of high frequency, the leading-edge vortex disappears
and the trailing-edge vortex is generated which leads to the inverse
Kármán vortex. From the close view around trailing edge, a small
counterclockwise rotating vortex is formed firstly and it becomes
stronger and is finally shedded. The large clockwise rotating flow is
rapidly decayed again. Figure 13 shows pressure distributions at the
instant of inverse Kármán vortex formation (Fig. 12a). As confirmed
from Figs. 11 and 13, the overall mechanism of inverse Kármán
vortex formation in plunging motion depends again on the pressure
difference at the rear part of airfoil, i.e., the strength of trailing edge
vortex.
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Aerodynamic Force Enhancement

Based on the preceding observation on inverse Kármán vortex
formation, we compute unsteady flow fields over flapping airfoil
(plunging combined with pitching) at the Reynolds number of 5000,
�0 � 20 deg, h� 0:2c, �� 90 deg, and the reduced frequency of
k� 1–7.

Figure 14 shows the characteristics of thrust coefficient and
propulsive efficiency in terms of reduced frequency. Propulsive
efficiency is formally defined as

�� �ct= �cp (6)

Here, �cp ���R tet
tst � _ycl � _�cm� dt	=�tet � tst� and shown �ct is mean

thrust coefficient in Eq. (5). �cp can be regarded as nondimensional
supplied energy to move the airfoil. And, _ycl and _�cm are
instantaneous supplied energy for vertical translation motion
(plunging) and angular motion (pitching), respectively.

On thrust coefficient and propulsive efficiency, leading-edge
vortex plays an important role. Leading-edge vortex yields pressure
suction effect, which eventually leads to thrust coefficient
enhancement. It is similar to lift enhancement explained by
Ellington et al. [16] They found that leading-edge vortex with
sufficient strength on downstroke contributes to higher lift force by
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visualizing airflow around thewings of the hawkmothManduca sexa
and a mechanical model. In other words, leading-edge vortex can be
considered as a lift enhancement mechanism on a 3-D insect wing. In
2-D flapping airfoil motion, a similar role of leading-edge vortex in
lift enhancement can be observed. Figure 15 shows corresponding
aerodynamic behavior. Because of the role of leading-edge vortex,
pressure suction region broadens and lift increases consequently. It
is, however, noted that thrust also increases, i.e., both thrust and lift
increase occur simultaneously, which is clear from Figs. 16.
Figure 16a shows pressure field at the peak position during
downward and pitch-down motion. And Fig. 16b shows
corresponding pressure distribution on the wall. The resultant
aerodynamic force is enhanced by pressure suction due to leading-
edge vortex developed on the upper surface of airfoil. Thus, its
normal component with respect to the freestream direction is
nonlinear lift enhancement and horizontal component belongs to
thrust (negative drag) enhancement. Similar phenomena can be
observed during pitch-up motion. Anderson et al. also found out the
leading-edge vortex role of the thrust. They observed the leading-
edge vortex can help inverse Kármán vortex formation for the
pitching and plunging combined motion in the low reduced
frequency [4].

The role of leading-edge vortex, however, is not always beneficial
from the viewpoint of propulsive efficiency because additional work
has to be done against suction induced by vortex [6]. Concerning
leading-edge vortex, the role of phase angle in determining
propulsive efficiency is reported by several researchers [6–8].
Especially, Isogai et al. pointed out through numerical study that a
large-scale leading-edge vortex can degrade propulsive efficiency, i.
e., the strength of leading-edge vortex is related to the reduction of
propulsive efficiency.

Figure 14 shows propulsive efficiency in terms of reduced
frequency. It reaches the maximal value at the vicinity of k� 4 and
then it is gradually decreased while thrust coefficient is increased
quadratically. It is because the leading-edge vortex becomes stronger
with the increase of reduced frequency. At higher frequency, the
effective angle of attack, which is defined by Eq. (7) from a
quasisteady manner, also increases. As a result, leading-edge vortex
becomes stronger.

�e � tan�1
�
� dy

dt

�
� �� tan�1��kh cos kt� � �0 sin�kt� ��

(7)

Figure 17 shows the distribution of effective angle of attack during
one flapping cycle. If the vortex is stronger, lift coefficient, which is
more dominant in determining propulsive efficiency than thrust
coefficient, becomes larger and finally propulsive efficiency is
reduced.

When k is below 5, there is no leading-edge vortex. A large-scale
leading-edge vortex can be seen only at a relatively high frequency
range greater than k� 6. In Fig. 18a, flow with k� 4 passes
smoothly at leading edge and high propulsive efficiency is realized.
In the case of k� 7 (Fig. 18b), however, a large-scale leading-edge
vortex appears and the propulsive efficiency is substantially reduced.

From the observation on the role of leading-edge vortex, it is
expected that the possibility of the simultaneous increase of
propulsive efficiency and thrust force enhancement is not obvious by
changing motion conditions only, because leading-edge vortex
shows the positive effect and negative effect simultaneously.

Tadpolelike Airfoil for Shape Optimization

From the preceding results, it can be seen that leading-edge vortex
determines the amount of energy needed to sustain flapping motion
and that inverse Kármán vortex due to pressure difference between
upper and lower near the trailing edge dictates the magnitude of net
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thrust force. Until recently, the study of flapping motion has been
mainly focused on optimal motion condition such as phase angle
effect. However, this strategy does not guarantee the simultaneous
optimization for thrust and propulsive efficiency. Thus, if we can
maintain a situation which yields higher thrust coefficient and lower
energy consumption, this would be to realize optimal aerodynamic
performance of flapping airfoil. With regard to this issue, the present
work is focused on the effect of geometric change on aerodynamic
characteristics rather than the effect of motion conditions.

To investigate thickness effect, NACA four-digit airfoils
(NACA0009, 0012, 0015) are tested and phase angle is set to
90 deg in all computations. Figure 19 is the comparison of input and
output power ratio for each airfoil with the condition of �0 � 20 deg,
h� 0:3c, k� 8, and Re� 1:2 � 104 where leading-edge vortex is
generated. Here, nondimensional input power is �cp and output power
is �ct. Because flow conditions and motion parameters are all the
same, comparison is only dependent on the geometric characteristics
of each airfoil. In Fig. 19, the thinner airfoil (NACA0009) needs
more input power to sustain flapping motion than the thicker one
(NACA0015). Thus, the propulsive efficiency of NACA0015 is
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higher than that of NACA0009 (see Fig. 20). It is reasonable that the
propulsive efficiency of the thicker airfoil is higher than that of the
thinner one when a leading-edge vortex exists.

From Figs. 21a, 21b, 22a, and 22b, it can be seen that the thinner
leading edge allows stronger leading-edge vortex formation than the
thicker one. Thus, the thinner airfoil experiences larger aerodynamic
loads, which leads to larger required input power as shown in Fig. 19.
The influence of airfoil thickness on pressure difference around
trailing edge is shown in Fig. 23. As mentioned before, pressure
difference around trailing edge is directly related to the strength of
trailing-edge vortex and the amount of thrust force generation. From
Fig. 23, it can be said that the thrust coefficient of the thinner airfoil is
higher than that of the thicker one.

In addition to thickness effect, camber is one of the important
parameters in determining airfoil geometry. It turns out, through the
computational investigations of NACA2412, 4412, and 4612 cases,
that camber does not yield positive effect on propulsive efficiency,
even though it is really crucial on lift generation. Bird or insect wings
actually have camber because lift is also important as well as thrust.
In addition, their camber is continuously changed during actual flight
mode. Thus, camber effect, combined with 3-D flapping motion and
flexible wing structure, has to be explored further. Because the

present paper is concentrated on thrust coefficient and propulsive
efficiency in 2-D flapping motion, symmetric airfoils are chosen.

The present research goal is to find an optimal baseline airfoil
shape for flapping motion. Previous computations and observations
suggest that it is unlikely to achieve maximal thrust force and
minimal input power simultaneously by conventional airfoil. Hence,
we combine thicker and thinner airfoils to propose a new flapping
airfoil, for example, a combination of NACA0015 and NACA0009
as shown in Fig. 24. This combined airfoil resembles a tadpole. And
the thicker part is set to be 40% of total chord length from a picture of
a tadpole. To clarify its aerodynamic characteristics, two types are
considered depending on the shape of trailing edge: one is convex
trailing edge (type #1), the other is concave (type #2). The concave
model is made by rotating the trailing edge surface of type #1
180 deg.

As mentioned, in case of high frequency, leading-edge vortex
cannot reach trailing edge and decays on the surface of airfoil. In case
of low frequency, however, leading-edge vortex moves on
downstream and interacts with trailing-edge vortex. In the extreme
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case that leading-edge vortex is larger than trailing-edge vortex,
leading-edge vortexmay cancel out the trailing-edge vortex and drag
is generated. Because the role of leading-edge vortex is different, it is
necessary to distinguish two cases (high frequency and low
frequency).

Firstly, high frequency cases are investigated. For the motion
condition of �0 � 20 deg, h� 0:4c, �� 90 deg, and
Re� 1:2 � 104, five airfoils are compared with one another
according to reduced frequency which changes from 4 to 8 with an
increment of 2. Figures 25 and 26 show the characteristics of the
thrust coefficient and propulsive efficiency of each airfoil. It is clearly
seen that the performance of modified types #1 and #2 is better in
relatively high frequency region (k� 4–8). Between modified types
#1 and #2, the performance improvement of modified type #2 is
higher because trailing edge is designed to be thinner than that of
modified type #1 to generate stronger trailing-edge vortex.

Next, for themotion condition of �0 � 20 deg, �� 90 deg, k� 8,
and Re� 1:2 � 104, five airfoils are compared with one another by
changing plunging amplitude from 0 to 0:4c with an increment of
0:1c. Plots of the thrust coefficient and propulsive efficiency of each
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airfoil are shown in Figs. 27 and 28, respectively. Different from
Fig. 26, the propulsive efficiency of NACA0015 is not always
greater than that of the thinner one (NACA0009). It depends on the
existence of leading-edge vortex. In case of low amplitude, there is
no leading-edge vortex. Then, the pressure suction effect of the
thicker airfoil is larger than that of the thinner one, which reduces
propulsive efficiency and therefore the thinner airfoil shows a better
efficiency. However, as plunging amplitude increases, leading-edge
vortex begins to generate and the behavior of propulsive efficiency is
altered accordingly. When h is greater than 0:2c, the efficiency of
thinner airfoil NACA0009 decreases rapidly (see Fig. 28). In case of
tadpolelike airfoil, regardless of the existence of leading-edge
vortex, modified types #1 and #2 show a better performance in
overall plunging amplitude range. Especially, modified type #2
shows again the best performance among the five airfoils.

Secondly, low frequency cases (k� 0:8) are also investigated. To
obtain the same level of thrust coefficient corresponding to high
frequency case, plunging amplitude should be increased accordingly
and the effective angle of attack should be large enough. According
to the preceding criteria, the case of �0 � 30 deg, h� 2c,
�� 90 deg, and k� 0:8 at Re� 1:2 � 104 are computed. In this
case, however, the original modified types #1 and #2 do not show

better performances compared with other NACA airfoils because
geometrical change connecting NACA0015 with NACA0009 is too
severe and, as a result, large drag is generated at the connecting
region. To prevent this situation, modified type #2 is slightly
remodeled by connecting two airfoils more smoothly (see Fig. 29).
Figure 30 shows thrust coefficient and propulsive efficiency
characteristics of each airfoil. Modified type #3 shows the best
performance in terms of thrust coefficient as well as propulsive
efficiency. At relatively high-Reynolds number of Re� 1:2 � 105

with �0 � 40 deg, h� 2c, �� 90 deg, and k� 0:8, the
aerodynamic performance of modified type #3 is also validated. As
shown in Fig. 31, themodified airfoil still shows better characteristics
then other conventional NACA airfoils. As a result, the aerodynamic
merit of the modified airfoil is still observed in the cases of low
reduced frequency. And finally, for �0 � 20 deg, h� 0:1c, k� 6,
and �� 90 deg with Re� 5000, the aerodynamic performance of
each airfoil (NACA0009, 0012, 0015, type #1, type #2, and type #3)
is compared again as in Fig. 32. It is noted that the proposed tadpole-
shape airfoils yield a better aerodynamic performance.

From the preceding results, we can conclude that the proposed
tadpolelike airfoil exhibits a general superiority of aerodynamic
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performance over a wide range of flow conditions and flapping
motions. As a result, it is believed that the proposed tadpolelike
airfoil that is made by combining thicker leading edge and thinner
trailing edge would be a baseline model for the optimal shape design
of flapping airfoil.

Conclusions

Flapping motion can be regarded as a superposition of pitching
and plunging motion. From the detailed numerical simulations, it is
observed that flow field in flapping motion is governed by twomajor
aerodynamic features. One is leading-edge vortex and the other is
trailing-edge vortex. Leading-edge vortex triggers dynamic stall
phenomenon and its evolution helps lift enhancement like insects’
flight during hovering. Present numerical investigation shows that
leading-edge vortex can also provide a thrust enhancement
mechanism. However, leading-edge vortex requires additional input
power to sustainflappingmotion.As a result, it is the direct reason for
the decrease of propulsive efficiency. On the other hand, pressure
difference between upper and lower surface at trailing edge
determines the strength of thrust-generated trailing-edge vortex, i.e.,
the intensity of inverse Kármán vortex and related jetlike flow fields.

Based on the physical observation from the results of various
numerical simulations for flapping airfoil, it is found that the effect of
leading and trailing vortices can be favorably combined through
geometric modification. Thicker airfoil helps to prevent large-scale
vortex formation at leading edge and thinner airfoil excites stronger
pressure difference at trailing edge. By combining thicker and
thinner airfoil, it is possible to obtain enhanced aerodynamic
characteristics including higher thrust coefficient and higher
propulsive efficiency. The proposed tadpolelike airfoil yields
improved aerodynamic performance in the broad range of amplitude,
reduced frequency, and Reynolds number. Thus, it can be used as a
baseline flapping airfoil for optimal aerodynamic performance.
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